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Outline

@ First-order methods in smooth convex optimization: GM/FGM



Smooth convex optimization

f* = min f
minf(x)

where

o @ CR"is a closed convex set
o f:Q@—NRis

@ convex:
f(x) > f(y) +(VF(y),x—y) Yxy€eQ

@ smooth with Lipschitz-continuous gradient:
f(x) < f f L(7) 2
() < ) + (VA x —y) + =L e =y ¥y e Q.

Notation: f € F i7(Q)



First-order Methods

¢ Numerical methods using only values of the function and of
the gradient at some points.
This first-order information is given by an Oracle O.

» Oracle = Unit that computes f(xx) and Vf(xx) for the
numerical method at each search point x :

(F(xx), Vf(xk)) = O(xk).

o Why FOM 7
Methods of choice for large-scale problems due to their cheap
iteration cost.

¢ In Smooth Convex Optimization, two main FOM:

@ Gradient Method (GM)
@ Fast Gradient Method (FGM)



Gradient Method

Very simple algorithm:

Initialization
Choose xp € Q

Iteration kK >0
o (f(xk), VF(xx)) = O(x«)
o i1 = argmingeglf(xi) + (VF(xe), x — x) + 2 [1x — xi]|?]

Remark: When Q =R" and ||.|| = ||.|[,: Xk+1 = Xk — ﬁVf(xk).



GM: Convergence rate

Convergence rate proportional to #:

xo — x*||? 2
) - < HOLa =T g (U

where R = ||xo — x*||.

Complexity: e-solution obtained after O (L(fT)Rz) iterations.
= Non-optimal FOM for FLl(’})(Q)



Fast Gradient Method

Accelerated version of the gradient method due to Nesterov:
. k

Let {ax}2, satisfying ag €]0,1], a3 <3 F o

Initialization

Choose xp € Q

Iteration k > 0
o (F(xk), V() = O(x)
o yie = argminye@{F(x) + (VF(xi),y — xe) + 22 ly — xel”}
oz = arg minee{ 5o ailf() + (VF(x:),x — x)] +
L(f) 2
=~ lIx —xol|"}
k41
S

o Xpp1 = Tzk + (1 — Tw) vk

.Tk:



FGM: Convergence rate

Choosing « = % for all i > 0,
convergence rate proportional to Flgz

L AL o —x*|P _ o [ L()R?
—fs (k+1)(k+2) _e< k2 >

f(y)

Complexity: e-solution can be obtained after O ( @R>

€

iterations.
= Optimal FOM for FLl(’})(Q)



Outline

@ Definition of inexact oracle

10



Why inexact oracle ?

» Sometimes: impossible/costly to compute exact first-order
information (function and gradient value).
o Possible reasons:

@ Numerical errors

@ f(x) is defined by another (simple) optimization problem that
can be solved only approximately.

@ f is not as smooth as we want

o Our goal: to study the effect of inexact first-order information
on GM and FGM.

11



Previous definitions of inexact oracle

@ e-subgradient (Rockafellar, Shor,...)

g(y)st. f(x) > f(y)+ (g(y),x—y)—€ ¥xeQ

Weak condition. Easy to satisfy but good only for non-smooth
convex function.

@ Comparison with exact gradient/subgradient
(Mordukhovich, Lemaréchal, Baes, D'Aspremont,...)
Various possible conditions, g,(y) such that:

< IVE(y) — gl <

* llg(y) — &)l < n,8(y) € 0f(y)

o [(VF(y) —g(y),x—2)| <n Vx,z€Q
Good results can be obtained but
Strong conditions: Difficult to guarantee in practice.
Restrictive assumptions: Sometimes V£ (y) must exist,

sometimes  must be bounded.
12



Exact Oracle for F1 1)(Q)

If fe FLl(’,lr)(Q) then the output of the oracle
(f(y), VF(y)) = O(y) is characterized by:

)+ (TF(y).x-y) < Fx) < F)HTF() xy)+ 10
for all x € Q.
Exact oracle(f(y), V(y)) for F-{(Q)
f(y)+Vf(y><y—X)+ IX—yI
f+VEWY-x

. fy)

[Ix =

2
|

13



(6, L)-oracle

f is equipped with a first-order (0, L) oracle if for all y € Q, we can
compute (f5,.(y), 85..(¥)) = Os,L(y):

i (y) @) xy) < F0) < Fiu(y)Hgra(y). x—y)+ 5 x— I+

Inexact oracle (fs, (y),0s,.(Y))

L
f.s,L(y)+ga,L(y)(y—XJ+le—yI%

T5L(N+85LN(Y-X)

(¥, fsL(Y)+0)

. f50(9)

14



Some remarks about this definition

Remarks

* FOM for F,}(’})(Q) are based on the lower and upper bounds
on f.
Principal motivation of this definition of inexact oracle.

In general, L is not the original Lipschitz constant L(f)

The existence of a (4, L) oracle does not imply differentiability.

f5,.(y) is a d-lower approximation of f(y):

fs(y) < fy) < fuly) +6.

gs,L(y) is a d-subgradient of f at y:

f(x) > f(y)+ (gsL(y),x —y) — 6.

15



Outline

© Examples of inexact oracles
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Examples of inexact oracles

Two kinds of situations where a (4, L) oracle can be available:

@ Lack of accuracy in the first-order information
Smooth function (i.e. in FLl(,lc)(Q)) when the first-order
information is computed approximately.

In this case, d represents the accuracy of the first-order
information.
Main subject of this talk

@ Lack of smoothness for the function
Function with weaker level of smoothness (non-smooth
function, weakly-smooth function,...) but typically with exact
first-order information.
In this case, § can be chosen but there is a trade-off with L.

17



Outline

© Examples of inexact oracles
Lack of accuracy in the first-order information
Lack of smoothness for the function

18



1) Computation at shifted point

Assume that
o f € Fip(Q).
@ At each point y € Q, the oracle provides exact value of f and
V£ but at a different point y5 such that

1)
2
— < —,

then

fsi(y) = f(ys) +(Vf(ys),y —ys), &.L(y) = VF(ys)

is a (0, L)-oracle with L = 2L(f).

10



2) Approximate Gradient

Assume that:
1,1

ofe FL(f)(Q)

@ Q is bounded with diameter D = max,cq -cq ||x — z||

3 ||Vf(x) — @f(x)”* <A
Then

f5..(x) = f(x) — AD
g5.L(x) = Vi(x)

is a (0, L)-oracle with § = 2AD and L = L(f).

20



3) Inexact oracle for saddle-point problems

Assume that f € FLl(’})(Q) is defined by another optimization

problem:

f(x) = max V(x, u)

where W is concave in u, convex in x and U is closed and convex.
Computations of f(x) and Vf(x) require
uy € Arg max V(x, u)
since:
f(x) =V(x,ux) VI(x)=V,V(x,uy).
But in practice, we are only able to solve this subproblem

approximately, computing Uy, an approximate solution.

Consequences?

Which quality of Ty ensures a (4, L)-oracle ?
21



3a) Function obtained by the smoothing technique

When applying smoothing technique, we need to solve saddle-point
problem with:
V(x,u) = G(u) + (Au, x)

where G is strongly concave with parameter k.
We know that:

o F(x) = maxeu Wx, u) € Fib(Q) with L(F) = IAL2
o f(x) = V¥(x,uy) and VF(x) = Auy.
Inexact oracle: If T, satisfies

Va(tx) = W(x, ux) — W(x, Tx) < g

then
fL(x) = W(x,ux)  gs,L(x) = Aux
is a (0, L)-oracle with L = 2L(f).

29



3b) Moreau-Yosida Regularization

Let h be a smooth convex function on a convex set U C R". The
Moreau-Yosida regularization of h is defined by:

F(x) = min{£(x. u) = h(u) + 7 [lu = x[3).

We know that:
o f(x) = mingeu L(x, u) € Fl7,(Q) with L(f) = &
o f(x) = L(x, ux) and VF(x) = k(x — ux).

Inexact oracle: If T, satisfies

_ _ K — 2
= — — —_ <
V() Tea&({ﬁ(x, Ux) — L(x,u) + 5 lu uX||2} <94
then

f5.0(x) = L(x,Ux) =6 g51(x) = r(x —x)
is a (0, L)-oracle with L = L(f).

23



3c) Function obtained in the Augmented Lagrangian

Approach

When solving the convex problem min,cy{H(u) s.t. Au= 0}
using augmented Lagrangian approach, we need to solve
saddle-point problem with:

W(x, u) = —H(u) + (Au, x) — g | Aulf? .

We know that:
© f(x) = maxuey V(x, u) € Flp(Q) with L(f) = 1
f(x) =V(x,ux) VIf(x)=Au.
Inexact oracle: If U, satisfies
V3 (ty) = maﬁ(VU\Il(x,ﬁx), u—Ty) <0
ue

then
f(x) = W(x,ux) gsL(x) = Aux
is a (0, L)-oracle with L = L(f).

24



Outline

© Examples of inexact oracles
Lack of accuracy in the first-order information
Lack of smoothness for the function
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(6, L) oracle for non-smooth or weakly-smooth functions

Assume that f (convex) satisfies the following smoothness

condition:
lg(x) —gW)ll. < L lIx = ylI”,Yx,y € Q,Vg(x) € 9f(x),g(y) € Of(y).
When:

@ v =1: f is smooth with a Lipschitz-continuous gradient

@ v = 0: f is non-smooth with bounded variation of the
subgradients

® 0 < v <1 fis weakly-smooth i.e. with a Holder-continuous
gradient.

26



(6, L) oracle for non-smooth or weakly-smooth functions

Important Observation: The exact oracle (f(y),g(y)) can be
seen as a inexact (0, L) smooth oracle where § is arbitrary and

L—1, [LV 1_1/:|}-:_Z'

2_5'1-1—1/

This observation gives us the possibility to apply any FOM of
smooth convex-optimization to a function with weaker level of
smoothness !

But that's another story: not the subject of this talk.

For more details: talk Glasgow July 2011, slides available on my
webpage.

27



Outline

Lack of accuracy in the first-order information
Lack of smoothness for the function

@ Effect of inexact oracle on GM/FGM

28



Effect of inexact oracle on FOM ?

Effect on gradient method (GM) and on fast gradient method
(FGM) if we use a (0, L)-oracle instead of a exact one by replacing:

(f(y), VI(y)) by (fs..(v), gs..(y))
and
L(f) by L?

Important Issues:

¢ Link between desired solution accuracy (SA) and accuracy
needed for the oracle (OA).

o Does the FGM still outperform GM when an inexact oracle is
used 7

20



Gradient Method with Inexact Oracle

Using averaging of the search pointsi.e. y, = %Zf'(:l Xi, we
obtain:
Exact oracle:

. _ L(FR?
— < =7
fly) =" = =5,
(9, L)-oracle:
LR?
_f* < -
f(yk) f 2k +5

e No accumulation of errors
Error asymptotically tends to ¢ (OA).

o Complexity: e-solution if k > O <LR2)

¢ Let € be the desired accuracy for the solution (SA). We can
take OA of same order than SA: 6 = O(¢) e.g. 6 =5

20



Fast Gradient Method with Inexact Oracle

Exact oracle:

. 4L(f)R?
flyk) =7 < m
(9, L)-oracle:
2
fyk) = < % + %(k + 3)4.

e Accumulation of errors
Divergence: Error asymptotically tends to oo (Decreases fast
at first then increases).

o Complexity: e-solution if © <\/ER> <k<© (§)

+ OA must be smaller than SA: § = ©(¢3/2).

21



Which method should we choose?

We have to consider three cases depending on the available oracle:
@ Exact oracle
@ Inexact oracle with a fixed accuracy ¢

© Inexact oracle but the accuracy d can be chosen.

29



Case 1: Exact oracle

In order to have a SA of €

L(f)R?

€

GM: O ( ) iterations

FGM: O ( ﬂR) iterations
€

FGM outperforms GM in all cases.

213



Case 2: Inexact oracle with fixed OA §

GM: f(yk) — F* < LR 4§
FGM : f(yx) — f* < (k—#ﬂ";—m +1(k+3)

025
0.2 oM
———-5
—FGM
ey 123
0.15J o( 7% 1
e
=
=
01H B
005
% 50 100 450 200 250 300 350 400 450 500

Number of iterati
umber of iterations 22



Case 2: Inexact oracle with fixed OA §

We need to stop the FGM after k* = © (3 LR? ) iterations:

best SA reachable by the FGM ¢* = ©(6%/3).

o If such accuracy is sufficient for the solution: FGM
o If not, the only possibility: GM.

25K



Case 3: Inexact oracle but the OA ¢ can be chosen

In order to have a SA of €

LR*N . . ,
GM : O | —— | iterations but with ¢ = ©(¢)
€

FGM : O <\/ZR> iterations but with § = ©(¢/?)
€

Choice depends on the complexity of inexact oracle.
Let C(0)= number of operations needed by the inexact oracle to
compute (f51(x), g5,0(x))-
o If C(6) =Q (%) (expensive inexact oracle), we have to use
GM.

« If C(6) = © (%), the two methods are equivalent.
o If C(6) = o (%) (cheap inexact oracle), we have to use FGM.

26



First-order methods with inexact oracle: Summary

Gradient method: Slow but Robust to errors

., LR?
flyw) — f SW_F(S

Non-optimal rate of convergence but No accumulation of errors.

Fast gradient method: Fast but Sensitive to errors

4] R?

1
m + §(k + 3)d.

flyk) — <

Optimal rate of convergence but Accumulation of errors.

7



Two natural questions

@ In practice, does the FGM really suffer from an higher
sensitivity to oracle errors 7

@ ls it possible to modify the FGM, keeping the optimal
convergence rate and avoiding accumulation of errors 7

28



Two natural questions

@ In practice, does the FGM really suffer from an higher
sensitivity to oracle errors ? YES!

@ ls it possible to modify the FGM, keeping the optimal
convergence rate and avoiding accumulation of errors 7

20



Numerical Experiment 1

min leAx + %XTBX

lIx]l,<1 2
where:
@ [l = 1[I
@ A>=0,B>0

© [|All, = 100(B], -
Exact gradient: Vf(x) = Ax + Bx

Inexact Gradient: Vf(x) = Ax — Bx.
— (6, L) oracle with 6 =2||BJ|, and L = ||A+ B, .

40



Numerical Experiment 1: Exact Case

f(yk)-f'

| . . . . n .
0 20 40 60 80 120 140 160 180 200
Number of Iterations

In the exact case: FGM significantly faster than GM.

a1



Numerical Experiment 1: Inexact Case

I L | | L | | L |
10 20 30 40 50 60 70 80 90 100
Number of iterations

In the inexact case: FGM faster at first but suffers from

accumulation of errors !
pilp,



Two natural questions

@ In practice, does the FGM really suffer from an higher
sensitivity to oracle errors 7 YES!

@ ls it possible to modify the FGM, keeping the optimal
convergence rate and avoiding accumulation of errors ?
NO !

A3



Intrinsic accumulation of errors for fast FOM

Accumulation of errors = Intrinsic and unavoidable property
of any fast FOM using inexact oracle.

Theorem
Consider a FOM using a (d, L)-oracle with convergence rate:
G LR?
Fxe) — F* < 1kp + k95

then necessarily g > p — 1.

In particular:
o q=0= p<1: GM is the fastest FOM without error
accumulation
e p=2=qg>1: Any FOM with convergence rate ?15 must
suffer from error accumulation and FGM has the lowest
possible error accumulation for such a method: ©(kJ).

AA



It is a bad news but...

The previous theorem is not a good news: there is no hope to
develop a first-order method which is at the same time as Fast as
the FGM and as Robust as the GM.

Faster the method is, higher the sensitivity to errors is.
There is no free lunch !

but...

between the two extreme choices of
@ the robust but slow GM
@ the fast but sensitive FGM
it could be preferable to use methods with
o intermediate speed
* intermediate sensitivity to errors.

(Belgian Compromise!)
Between GM and FGM ? Intermediate Gradient Methods

A5



Outline

@ Intermediate Gradient Methods (IGM)
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Developement of Intermediate Gradient Methods (IGM)

Our goal: we want to develop first-order methods with
intermediate rate of convergence (%) (1 < p < 2) and
corresponding optimal rate of error accumulation ©(kP~19).

We will obtain a whole family of FOM interpolating between GM
and FGM.

The Approach: Modify the FGM such that we slow down the rate
of error accumulation and, unavoidably, also the rate of
convergence.

A7



First Try: Modification of the weights «;

A natural idea is to modify the sequence of weights «; in the FGM
(keeping however the condition a2 < Ay = Zf'(:o a;).
Convergence rate with an exact oracle:
LR?
f — < —.
() =7 < A

= We choose ay such that Ax = O(kP).
Convergence rate with an inexact oracle:

k
Ax Ax

flyk) — <

'y

= error accumulation of order ;ﬁ’i& = O(k9).

Conclusion: We slow down the method without reducing the rate
of error accumulation. Bad Approach ! We need to do more !

A8



Second Try: A new degree of freedom

Idea:
Introduce a new sequence By, and therefore a new degree of

freedom in the method in order to obtain a convergence rate of the

form:
fly) = 7 < Ak (Z’ :B>5
with
« A = O(kP) i.e. a rate of convergence of order ()

B;
. Z'Z = O(kP~1) i.e. a rate of error accumulation of order

o(kP~16)

A0



Intermediate Gradient Method (IGM)

Let {au}2, and { By}, satisfying ag = By = 1, a%( < By and
Bi < i oq

Define Ay = 3K a;.

Initialization

Choose xp € Q

Iteration kK > 0
o (fs.(xk), gs,.(xk)) = Os,.(xk)
o Wy = arg miner{fé,L(Xk) + (gé,L(Xk),y — Xk) + 15 ly — Xk”g}

[ ] Zk =

arg minxeo{zk 0 @ilfs L (xi)+(gs.L(xi), x—xi)]+5 [|x — x0|5}
o y=2gBy 1+ A" Wi
=g

o X1 = Tzk + (1 — i) yk

50



Intermediate Gradient Method (IGM)

When Bj = Ak, we retrieve the FGM. But we have a new degree
of freedom, we can choose By smaller than Ag.
In fact, we replace yx = wy by the more conservative rule:

Ak — By

= Wy .
Yk :‘k Yk—1 qk k

Two consequences:

(1) W(ka slow dovsin the rate of error accumulation :

K B SOK A
i=0 =1 =07
A = A,

@ We slow down the rate of convergence (unavoidable) due to
the condition o < By (instead of a3 < Ay).

51



Choice of the sequences ay and B

Choice of By:
Assume Ay = ©(kP) and By = A’f.
K g
Then the condition 2305 = ©(kP~1) gives us § = 222 and
therefore
2p-2
Bix=A,"
Choice of «y:
Consider the choice ak CkP—1.
Then the condition ak < By gives us C = p—f and therefore

K\ Pl
Q= <—) .
P

59



Convergence rate of the IGM

The sequence {y }«>1 generated by the IGM with parameter
1 < p < 2 satisfies:

LR? Sk B
_ * < 1=
flye) — £ < AT A 6
2
< W+C36+C4kp‘16
= Acc(k,p,9).

Conclusion: We have developed a whole family of FOM with
intermediate rates of convergence © () between © (1) (GM)

and © (%) (FGM) and with intermediate (and optimal !) rates of
error accumulation ©(kP~14).

53



Convergence rate of the IGM (cont.)

Convergence rates of the IGM family when § = 1le — 4:

—1.2
—13
—1.4
—15
—16
- —17
’;‘"”‘” —1.8
=

KA



IGM as an interpolation between DGM and FGM

We can consider what we obtain in the two extreme cases:

ap=1

We have ooy = By = 7 = 1 for all k > 0.

Therefore y, = %Zf:o w; and X1 = Zk -

= We retrieve the Dual Gradient Method (DGM) [Nes07].
@ p=2

We have A, = By for all k > 0.

Therefore yx = wy and xk4+1 = Tkzk + (1 — Tk)y«-

= We retrieve the Fast Gradient Method (FGM) [Nes05].

Conclusion: The family of IGM can be seen as an interpolation
between DGM and FGM.

5K



Which method should we choose ? 9 and k fixed

Optimal method:
min Acc(k, p, ).
,min, (k,p,9)
2
Let k1 = ,3/ —ClLIg:si—Cy; and ky = —ClLIa;Si-Cz(s.

Three different situations:
@ If0< k <k
» p=2(FGM)
o BestAcc(k) = g%;rcﬁ + G360 + Cuké.
D If ki < k < ky:
in( QtR?+cs

T4

o p= % N0 + ].] (|GM)

o BestAcc(k) = 2—W + G6
@ Ifk >k

o p=1(GM)

o BestAcc(k) = GLEAGO | (Cy 4 C)s

KA



An improved accuracy using IGM

The function BestAcc(k) is continuous, decreasing and always
below the convergence rates of GM and FGM (with § = 1le — 2):

f(yk)-f’

~—Best IGM
—GM
—FGM

L L L L |
Edl 0 E] E] 100 120 140 160 180 200

57



Which method should we choose ? § and € fixed

Optimal method: ming>g1<p<2k s. t. Acc(k,d,p) < e
Let 1 = 2G40 + G368 and e3 = 2(C1LR? 4 Co0)Y3(Cy6)?/3 + G3d.
Three different situations:
@ When € > e
o p=2 (FGM)
* k= unique root of
P(k) = (C4(5)k3 + (C35 . €)k2 + GLR? + Gy6 on ]0, kl].
@ Whene1 <e< e

n( & LR?+ Gy

1 C4o
B ey “] e

. k= 4CLR*+G0)Cd

e— G390
@ When G40 + G < e < ¢q
o p=1(GM)

_ GLR*+Gé
¢ k - E—(C3+C4)5'

58



Optimal p depending on the desired accuracy

When § = le — 8, optimal p depending on the desired number of
digits of accuracy:

L I I |
0 1 2 3 4 5

Desired Number of Digits of Accuracy

50



Numerical Experiment 2

min leAx

xXEA,
where:
@A>0
(2] An:{XERi:Zlexizl}
O =1 -

Exact gradient: Vf(x) = Ax
Inexact gradient: Vf(x) = Ax + &
— (6, L) oracle with 6 = 2|¢]|, and L = ||A]| -

60



Numerical Experiment 2: Exact Case

—GM
—FGM
—IGM (p=3/2)

L L L L L L L L L
0 100 200 300 400 500 600 700 800 900 1000
Number of iterations

FGM significantly faster than GM (which is very slow !)
Intermediate speed for the IGM.

61



Numerical Experiment 2: Inexact Case

When [|¢]|, = 1 and [|A] = 100:

0.08

007 | —GM
—FGM
—IGM (p=3/2)

0.06

0.04

L L L L L L L L L
o 100 200 300 400 500 600 700 800 900 1000
Number of iterations

GM robust but very slow. FGM highly sensitive to errors.
Method of choice: IGM !

62



Numerical Experiment 2: Choice of p

—p=1 (GM)
—p=12

—p=14
—p=18
—p=18
—p=2 (FoM)

v,

L L L \
Ed o 0 )

L L L
El o0 )

|
2 D EC]
Number of iterations

The smaller p is, the slower the method is, but the better the

reachable accuracy is (confirmation of the theory!).
63



Num. lter. | p=1 p=12 | p=14 | p=16 | p=1.8 p=2

10 0.0505 | 0.0504 | 0.0504 | 0.0503 | 0.0503 | 0.0503
50 0.0502 | 0.0498 | 0.0493 | 0.0486 | 0.0475 | 0.0468
100 0.0498 | 0.0489 | 0.0476 | 0.0454 | 0.0429 | 0.0407
500 0.0469 | 0.0421 | 0.0351 | 0.0298 | 0.0408 | 0.0665
1000 0.0440 | 0.0358 | 0.0285 | 0.0304 | 0.0506 | 0.0824
5000 0.0326 | 0.0230 | 0.0255 | 0.0368 | 0.0541 | 0.0702
10 000 0.0274 | 0.0226 | 0.0255 | 0.0347 | 0.0459 | 0.0827

Choice of the method depends on the accuracy needed:
For obtaining quickly a not so accurate solution: FGM (p = 2)
For obtaining highly accurate solution: GM (p = 1)
For intermediate goals (More Realistic): Use IGM with
well-chosen p.

= The IGM'’s can effectively accelerate the minimization in

the presence of errors.
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Conclusion

o Introduction of a new definition of inexact oracle:
(9, L)-oracle.

o Important examples where the first-order information is
computed with numerical errors or using approximate solution
of subproblems

o The GM is slow but robust with respect to oracle error.

o The FGM is faster but sensitive to oracle error. Like any FOM
with optimal convergence rate, it suffers from accumulation of
errors.

o Developement of new first-order methods with intermediate

behavior = Notion of Intermediate Gradient Methods (IGM).
» Choice of the method ? Depend on the needed accuracy e (its
relation with the oracle accuracy § ) :
@ When e is small (close to §): use GM.
@ When € is not small at all: use the FGM.
@ For intermediate accuracy, best choice : use a well-chosen
IGM. P



Thanks for your attention !

Slides available on my webpage:
http://perso.uclouvain.be/olivier.devolder
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